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R. Fuchs Painlev\’e PVI
R. Fuchs $\mathrm{P}^{1}\mathrm{C}$ 2 Fuchs
Riemaxm scheme
$(x=0 x=1 x=t x=\lambda x=\infty)$
$(0.1)$







(4) system (Schlesinger )









$m$ $E$ $a,$ $b,$ $\mathrm{c},$ $\ldots$
: $E=E(a, b, c, \ldots)$ $(a0, b0, c_{0}, \ldots)$
$m(E(a0, b0,\mathrm{C}0, \ldots))=m_{\text{ } }$ –
(1.1) $m(E(a, b,c;\ldots))=m_{0}$
$a,$ $b,$ $c,$ $\ldots$ $a,$
$b$ , c, ...
$-$
( . )
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$b$ , c, ...
- $b$ , c, ...
$m_{0}$ $m_{0}$ $a,$ $b,c,$ $\ldots$















Pfaff . $arrow$ Pfaff
$e^{x}$ $x\in\overline{\mathrm{Q}}\backslash \{0\}$ . $\not\in\overline{\mathrm{Q}}$



































(2.4) rigidity $A,T$ Jordan $n$
$(2.1)_{\text{ }}$ (2.2) $A,T$
(2.5) $A\sim$ , $T=$
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(2.4) dgid $\Leftrightarrow a(n;\overline{n},\overline{m})=0$
$([\mathrm{O}\mathrm{k}\mathrm{u}], [\mathrm{K}\mathrm{a}])_{0}$ [Y1] $a(n;\overline{n},\overline{m})=0$ Pfaff (2.3)
rigid [Y1], [Y2]
- $a(n;\overline{n},\overline{m})>0$ Phff (2.3) .
[Y1]
2.1. $([\mathrm{H}\mathrm{Y}])n=2$
(2.3) rigid $\Leftrightarrow a(n;\overline{n},\overline{m})=0$ .
(2.3) c2
$S=\cup(\{k=1p(x,y);x=tk\}\cup\{(X,y);y=t_{k}\})\cup\{(X,y);x=y\}$ .
(2.3) rigidity $\not\in$ \mbox{\boldmath $\pi$}1 $(\mathrm{C}^{2}\backslash S)$
$(x_{\mathit{0}},y0)$ $\{x=tk\}$ Ioop $\mu_{k}(1\leq k\leq p)_{\text{ }}\{y=t_{k}\}$ loop $\nu_{k}(1<k\leq p)_{\text{ }}$
$\{x=y\}$ loop $\mu 0$ [Yl, \S 3.] Arvola
$([\mathrm{O}\mathrm{T},$ \S 5.3.] $)$ $\pi_{1}(\mathrm{C}^{2}\backslash S)$. $u,v,w$
$[u, v]=\{uv=vu\}$ , $[u,v,w]=\{uvw=vwu=wuv\}$ , $u^{v}=v^{-1}uv$
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2.2.
$\pi_{1}(\mathrm{C}^{2}\backslash s, (x0,y0))=\langle\mu 0,$ $\mu 1,$ $\ldots,\mu_{\mathrm{P}},$ $V_{1,2,.,p}\nu..\nu|$
(2.7)
$1 \leq i,j\bigcup_{i\neq j}[\nu_{j}, \mu_{i}\leq p]\cup k=\cup[\nu k,\mu_{0\mu_{k}}p-1\mu k+\iota,]\mu_{p}\mu\cdots\rangle p1^{\cdot}$
[Y1] (2.3) $\mu_{k}$


















$N_{1},N_{2},$ $\ldots,N_{p}$ Pfaff (2.3) rigi $0$
[Y1]
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$a(n;\overline{n},\overline{m})>0$ (2.4) rigid $M_{0},$ $M_{1},$ $\ldots,$ $M_{p}$
Pfaff (2.3) rigid [Yl, Remark 3.1.]
22 $M_{i},$ $N_{j}$ (





\S 3. Pfaff .
$P$ $a(n;\overline{n},\overline{m})>0$


















(3.5) $B= \frac{\partial Z}{\partial t}Z^{-1}$
$Z$ $t$ $B$ $\mathrm{P}^{1}\cross \mathrm{P}^{1}$ –





$(3.5)_{\text{ }}(3.7)$ $(x,y)$ $B$
((3.5) [IKSY, Chapter 3, \S 4.4] )
(3.8) $B=(_{\frac{xB_{1}O}{t(t-oe)}A_{31}}1$ $\frac{x-1B_{22}O}{(\iota_{-}1)(t-x)}A_{32}$ $\frac{1}{t-\omega}A_{33}+\frac{1}{t-y}(\rho_{1}+\rho 2)\frac{\frac{y}{t(t-y)u-1}}{(t-1),(A_{33}(t-y)-}A_{23}A13I_{2})+B33)$
B,,
$B_{11}=$ , $B_{22}=$ , $B_{33}=$
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$b_{11},$ $b_{22},$
$\ldots$ , $b_{66}$ $(x, y)$ $t$
$B$
(3.7)
$(A_{12})_{t}-B_{11}A12+A_{\iota 2}B22- \frac{1}{t(t-1)}A_{1}3A_{\epsilon 2}=O$ ,
$(A_{1\mathrm{a}})_{t}-B11A13+A_{13}B_{3} \mathrm{a}-\frac{1}{t}$All $A_{1s}-. \frac{1}{t-1}A_{1}2A_{2}3+\frac{1}{t}A_{13}A3s=O$ ,






(3.10) $c_{i}=e^{-\int^{\mathrm{t}}::}b(T)d\tau$ $(1\leq i\leq 6)$
.
$c_{1},$ $\mathrm{c}_{2},$ $\ldots,$ $C_{6}$
$C=\mathrm{d}\mathrm{i}\mathrm{a}\mathrm{g}(c1,C2, \ldots,C6)$
$C_{1}=$ , $C_{2}=$ , $C_{3}=$
$Z$ 2 $=CZ$ 2 (3.3) $A$ $\overline{A}=cAc^{-}l$
l-form $\overline{\Omega}$ Pfaff
(3.11) $d\overline{Z}=\overline{\Omega}\overline{Z}$
$Z$ (3.4) 2 (3.11)
$\mathrm{A}=$ ,



















Pfaff (2.3) system (2.4) ( )
(2.3) $y=\infty$ (2.4)
$(3.1)_{\text{ }}$ (3.2) $A,$ $T$ system
(4.1) $(xI_{6}- \tau)\frac{dX}{dx}=Ax$
$t$ $X$
$B= \frac{\partial X}{\partial t}X^{-1}$
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(4.2) $B=(_{\frac{\mathrm{i}fB_{1O}}{t(t-oe)}A_{31}}1$ $\frac{x-1B_{22}O}{(t-1)(t-x)}A_{32}$ $\frac{1}{t-oe}3\frac{\frac{-1}{\underline{t}_{1}}}{t-1,A_{3}}A_{23}A_{13}+B33)$
$B_{11,22}B,$ $B_{3\mathrm{a}}$ Pfaff $\mathrm{B}$ ((3.8) )
$y=\infty$ – $B$
$A$ (3.14)
Phff (3.4) (3.4) $y=y0$
$(y0\neq 0,1,t, x, \infty)$
(4.3) $\frac{dZ}{dx}=[(xI_{6}-T)-1A-\frac{A}{x-y_{0}}]z$
$x=0,1,$ $\iota,$ $y$ $x=\infty$ $y$
$\infty$ (4.3) (4.1) (4.3) 2
$t,y$ $\mathrm{P}^{1}\mathrm{C}$ normalization 1
$t$
.
$x=x_{0}(x\neq 0,1,t, y, \infty)$
(4.4) $\frac{dZ}{dy}=[(A-(p1+\rho_{2})I6)(y-\tau)-1+\frac{A}{x-y}]Z$
$y=0,1,t,x,$ $\infty$ 5 2 $t$
$y$ $Z(y)$
$B= \frac{\partial Z}{\partial t}Z^{-1}$ , $C= \frac{\partial Z}{\partial x}Z^{-1}$















$\sim$ $(3.14_{-})\backslash \cdot$ 2 2 $t=0,1,$ $\infty$
Painlev\’e $P_{VI}$
$P_{VI}$ 4 (3.14)
7 ($\alpha_{1},$ $\alpha_{2},\beta_{1},\beta_{2,\gamma}1,\gamma 2,$ $\rho 1,$ $\rho_{2\text{ }}$
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